N L T A B I ) T S I R N L [ T A L T S I SR I =,
) f%% UNITED NATIONS EDUCATIONAL, SCIENTIFIC AND CULTURAL ORGANIZATION m
“4/73/N2# | INTERNATIONAL CENTRE FOR THEORETICAL PHYSICS it

V.3 LCT.P, P.O. BOX 586, 34100 TRIESTE, ITALY, CapLE CENTRATOM TRITSTE
cf PritR
o5 @i
ps 4 (435:
UNITED NATIONS INDUSTRIAL DEVELOPMENT ORGANIZATION ez

INTERNATIONAL CENTRE FOR SCIENCE AND HIGH TECHNOLOGY

</a INTERNATIONAL CENTRE FOR THEORETICAL PHYSICS  WIO0 TRIESTE (1TALY) V1A GRICNANO, 9 (ADRIATICO PALACE) PO BOX 586 TELEPHONE 040224570 TELEFAX MO-14575  TELEX #6049 APH |

0 000 000 009852 O

SMR.648 - 41

SECOND AUTUMN WORKSHOP ON MATHEMATICAL ECOLOGY

(2 - 20 November 1992)

S.A. Levin
Dept. of Ecology and Evolutionary Biology
Princeton University .
Princeton, NJ 08544-1003 Y
U.S.A.

T D S s Dt R o i o o o o i i B A i e

These are preliminary lecture notes, intended only for distribution to
participants.

MAIN BUILDING Sirads Costicra, | Tel. 22401 Telefax 224163 / 24559 Telen 460392  ADRIATICO GUEST HOUSE  Via Grignapo, 9 Tel. 224241 Tolefax 224531  Telex 460449
MICROPROCESSOR LAB.  Via Beirut, 31 Teb. 224471 Telefax 224600 GALILEC GUEST HOUSE Via Beiut, 7 Tel. 22481
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ABSTRACT. Various topics in evolutionary ecology are discussed, ranging from evolution as
optimization, the joint evolution of avoidance and tolerance of toxins, dispersal and dormancy as
adaptations in variable environments, seed dispersal models, and diffuse coevolution of chemical defenses
and detoxification mechanisms.

I. Introduction

Mathematical models have played a central role in evolutionary theory at least since the
pioneering work of Fisher, Wright and Haldane. Two approaches have been predominant:
mechanistic and reductionistic ones that assume considerable detail about genetic
mechanisms, and phenotypically-based ones that assume quantitative inheritance, or that
suppress genetic detail entirely. Despite the successes of both approaches, they have in
general failed to deal adequately with some of the central problems of evolutionary ecology
- those in which strong nonlinear feedbacks result from intra-specific or inter-specific
frequency dependence. Thus, the need for new ideas and new approaches is as pressing
as ever.

These notes, which are based on a series of lectures given at the Université de
Montréal by the first author, begin with a discussion of evolution as optimization, and the
constraints that arise due to history, stochasticity, and frequency dependence. Life-history
evolution in variable environmenis is treated through a consideration of dispersal and
dormancy strategies, in which the importance of frequency dependence is illustrated.
Finally, consideration is given to coevolution in host-parasite and plant-herbivore systems,
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with special artention 1o the coevolution of virulence and resistance in situations of tight
and diffuse interactions.

2.  Evolution as optimization

To a great extent, evolutionary ecology deals with the study of adaptations. The
adaptationist approach views evolution as a problem solver, providing solutions that are in
some sense “optimal” in a given environment. In short, evolution optimizes some
nebulous quantity, the organism's “fitness". Herein lie the principal problems with the
adaptationist approach: the identification of the end result (the definition of fitness) and the
determination of the ‘purpose” of the genetic algorithm.  As Gould {1977) argues,
"...evolution has no purpose. Individuals struggle to increase the representation of their
genes in future generations, and thar is all.” Lewontin (1977) clearly states that
"Adaptation, for Darwin, was a process of becoming rather than a state of final
optimality.” Jacob (1977) expounds this view very eloquently when he points out that the
process of evolution, being more similar 0 the work of a tinkerer rather than that of a
master craftsman, is constrained by past history, chance, and the mechanics of the
evolutionary process itseif.

Sewall Wright, Ronald Fisher, and ].B.S. Haldane were among the most prominent
figures in the development of the modem synthesis of population genetics and
evolutionary theory, Among their contributions were the development of a mathematical
framework for population genetics and the exploration of the population-level
consequences of natural selection and other evolutionary processes. The paradigm
developed through Fisher's Fundamental Theorem of Natural Selection and Wright's
Adaptive Landscape — that through natural selection, fitness will gradually improve at a
rale proportional to the remaining genic variance, and that the process can be viewed as
hill-climbing - has become one of the most powerful in evolutionary theory, and provided
2 mathematical justification for the rise in status of optimization theory.

However, the usefulness of this paradigm always has heen questioned.  Recently,
Provine (1986) has argued that the underlying concept of the multi-dimensional adaptive
landscape is a useless and misleading metaphor, and indeed that Wright's own
presentation of the notion has itself gone through substantive evolution. Levin {1978,
1983a), somewhat more positive on the subject, nonetheless has argued that it can mislead:
“the conclusion that populations evolve towards maximization of mean fitness is casily
vitiated, and the worst culprit is frequency dependence.”

Despite the above obijections, the paradigm that emerges from these approaches stiil
provides one of the most important theoretical concepts in evolutionary theory. In some
special simple cases it provides the correct picture (see Levin 1978; Ewens, 1979). In
more complex situations, it provides a possible starting point for future extensions. For
example, various authors have shown that variants on the metaphor are still valid for traits
that are density-dependent, aithough multiple loci and frequency dependence introduce
more fundamental problems. Although versions of the Fisher theorem can be developed
under weak frequency dependence or weak epistasis (Ewens 1969a,b: Nagylaki 1976), in
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general the undulating landscapes that arise under frequency dependence. and coevolution
mandate entirely new approaches.

We begin by discussing the problems that arise when landscapes are rugged and very
high-dimensional, and then move on to the central problems of evolutionary ecology -
frequency dependence and coevolution.

TOWARDS A GENERAL THEORY OF ADAPTIVE WALKS

The problems of high-dimensionality and ruggedness have been examined by Kauffman
and Levin (1987), and their discussion forms our starting point. In particular,
consideration of the hill-climbing metaphor as a heuristic solution algorithm is shown to be
fraught with problems — false peaks, multiple pathways, etc. Computer simulations of
simple cases reinforce our understanding of the importance of stochasticity and history.

The mutational process plays a crucial role in the generation of genetic variability. [n
this section we assume that we are dealing exclusively with point mutations that switch,
insert, or delete single nucleotide bases. This is a reasonable starting point, because other
types of mutations can be thought of as mechanisms that produce many mutations of the
above type simultanecusiy. Kauffman and Levin (1987) construct a genotypic space by
assuming that each genotype is surrounded by l-mutant neighbors: that is, a single
mutational alteration will transform the genotype under consideration into a neighboring
type. We have then a space in which each point denotes a particular genotype and has as
its immediate neighbors genotypes that differ by a single mutation. Note that the topoiogy
on this space is given by the mutational "move" generator that specifies the allowabie
transformations, i.e., that specifies which entities can mutate in one sep (0 one angther,
Furthermore, observe that in this case the process is symmetric and reversible. This
restriction can be relaxed.

Kauffman and Levin (1987) define a mapping from this genotypic space to the
appropriate phenotypic space, and specify the fitness associated with each atiribute
(phenotype). The discrete distribution of finess values across the genotypic lattice will be
referred to as the fitness landscape. If, for example, we restrict ourselves to a haploid
organism with DNA genotypes of length 100,000 nucleotides, then each position in the
DNA sequence can be occupied by 4 alternative bases, and each genome has 300,000 1-
mutant neighbors in the space of hapioid genotypes. Hence, cach genotype is surrounded
by huge numbers of I-mutant neighbors with (possibly) different fitness values. iIn this
scenario, to the extent that the metaphor of the previous section is valid, adaptive evolution
can be thought of as an uphill walk via 1-step fitter variants until a local or a global
optimum is reached. This gradual adaptive climbing through mutation and selection
provides the simplest trial and error optimization method, and is mimicked by the
development of heuristic methods in combinatorial optimization (e.g., Lin and Kemighan
1973) and neural computing (Hopfield 1982).

What are the constraints that arise from such an approach to improvement? If the
notion of neighborhood is extended to include k point changes (k = 12.3,...), how
many local optima are there in the space with respect to k-mutants? If adaptive movement
is allowed only through fitter neighbors, what is the expected number of improved variants
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passed on the way 0 a local opumum? How long are adaptive walks that use this
optimization algorithm? In how many ways can adaptive walks branch at each uphill step?
How many local optima are there available for an arbitrary initial genotype? What role
does the nital fimess play in the availability of local optima? What is the probability of
artaining a global maximum? What is the correlation sucture in a fimess landscape?

Consider the expected character of adaptive walks in {uncorrelated) spaces where the
fitness value of each genctype is drawn at random from some fixed underlying
distribution. Furthermore, reptace the actual finess values assigned o the genotypes in
the space by their rank orders. The least fit has rank 1, the most fit has rank T . We
@gssume that there are no tie values and that the finess values are distributed uniformiy on
the real line. For concreteness consider (as in Kauffman and Levin 1987) a space of
length-N  peptides that can use only two amino acids. Hence we can represent each
peptide as a binary string of length N . The space of peptides is the N-dimensional
Boolean hypercube. There are 2N strings, and we assign order fimesses from 1 w 2N
at random without replacement to sach of the points in the N-dimensional Boolean
hypercube. The probability that a vertex is 2 local maximum is given by

(1) Pn = LN+D),

and the expected number of local optima with respect to 1-mutant neighbors, M;, is
N

2

2 M, =

(2) 1 N+1

For 1- and 2-step mutant neighbors, the expected number of local optima, Mz, is

2N+1
(3) F o ——
2+N{N+1)

and for k-step mutants, the expected number of local optima My is

k [N
(4 2N+k/2 .
=0 J

Hence, in an uncorrelated fitness landscape, the number of local {1-step) optima is of the
same order of magnitude as the number of possible peptides. If the peptides use B amino
acids, then any peptide of length N has D = (B-1)N l-mutant neighbors, and M, is
now given by
N
(5) Mo-B __8"
1 D+l N(B-1)+1

As before, the number of local optima increases exponentially in N,
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Kauffman and Levin {(1987) show that the probability that an entity in this space is a
local optimum is low if its rank is low, and rises rapidly when the rank increases. They
further show that an upper bound for the average walk length R is R = logsz(D-1), and
find that for greedy walks {those that always choose the best improvement) in an
uncorrelated space the average walk length is less than 2. Gillespie has independently
derived this result recently (Gillespie, persenal communication), and Weinberger (1988)
has confirmed it by developing more accurate estimations of walk length. In addition,
using the fact that the number of alternative pathways towards increased fimess values
decreases linearly with rank order, Kauffman and Levin (1987) calculate an upper bound
for the expected number of local optima B accessible from the lowest rank entity:

{log, D-1)72
(6) B=D

Hence, only a tiny fraction of all local optima are accessible from any entity on adaptive
walks via l-mutant fitter variants in uncorrelated ilandscapes. Walks in correlated
landscapes in general will be longer.

For some implications of the resuits of this baseline case to the length of adaptive
wailks in the immune system, and to branching phylogenies in biological evolution, see
Kauffman and Levin (1987) and Kauffman et al. (1988). Gillespie (1983, 1984) uses a
variant of this model on the molecular clock hypothesis to show that burst-like evolution
fits better with a selectionist theory that with a neutral theory.

Kauffman and Levin (1987) examine these results further by applying this
evolutionary algorithm (o optimization problems such as the traveling salesman probiem
(Lin and Kemighan 1973, Johnson and Papadimitrou 1985). They demonstrate the
tendency of the scheme to get hung up on false peaks, and the importance of stochastic
phenomena, especially early in evolution. They furthermore show that the most efficient
optimization occurs for intermediate levels of mutation: low levels of mutation rapidly lock
the system in to false peaks, whereas high levels do not take advantage of local
information and progress already made. Furthermore, optimization is significantly
enhanced when the process occasionally can go downhill and traverse valleys. This
approach, which allows one to get free from false peaks, involves "simulated annealing” in
heuristic combinatorial optimization, and can arise from a number of genetic mechanisms
(shifting balance, genotypic variance, outcrossing, €tc.).

EVOLUTION IN VARYING ENVIRONMENTS

The problems associated with the adaptationist approach include: the definition of the
putative quantity to be maximized: the determination of what is heritable; the high
dimensionality, which leads to large numbers of optima; pieiotropy, linkage and epistasis;
temporal variation in fitness; frequency and density dependence; and coevolutionary
interactions (among populations and with the environment). The last two classes of
problems are perhaps the central omes in understanding natural communities and
ecosystems. Essentially, whatever is being optimized is a tradeoff against different
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environments, which the species defines and alters as it evolves. One of the most
imponant sets of constraints, and one of the least explored in theory, anses from the
tradeoffs involving different phenotypic aspects. These may involve pieiotropy or
interactions among loci, but most often involve. different genotypes being favored in
different parts of a heterogeneous environment. Castillo-Chavez et al. (1989) explore the
tradeoffs berween the evolution of habirat selection and physiclogical adaptation in a
heierogeneous environment. They start by developing a two-locus model that considers a
panmictic population in which prereproductive individuals are mobile enough to move
among patches. Alleles at one locus code for the absence or presence of physiological
adaptation to detrimental patches, and alleies at the second locus code for the absence or
presence of behavior that cause avoidance to detrimentat patches. Ii is further assumed that
the effects of aileles controlling physiology and behavior are additive and that fitmesses are
frequency independent.

Tab'z 1: Fimesses of the various genotypes.

The fitness (w) of each genotype is dependent upon whether it is in the toxic m
or noa-toxic (UT) eanvironment. The fimesses (w) in the environment (L} are
WLRER) . Wum . ARd (Wrmpy+ Wi )2 for individuals with RR, ., and Rr
respectvely, where L iseither (T) or (UT). X and Y are defined in the text,

W(RRAA) = XWT(RR')*'(LX}WUT(RR)

{ X+Y X+Y

¥ RRA) 2 mewfl- 2 'J“’UT(RR)

YWT(RR) + (I'Y)WUI‘(RR)

x[ *TRR) Y T(m)|

WUT{RR)+wUF(rr)J

J*“'x’[ 2

2

) o] ]
2 2 2 2

w. +W, w +w
Y[ T(RR) T(")J+(1-Y)[ UT(RR) U'!‘(n'):'
2 2

Xw.r(") + (I-X)ww(n)

X+Y X+Y
( 2 ]“’T(rr)*[l' 2 ]WUT(rr)

Yw.r(ﬂ) + (l-‘l’)wm.( )
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More specifically, two semi-dominant alleles at a single locus, allele R (resistant) and
allele r (susceptible), determine the degree of physiological resistance. Repellency is
governed by two semi-dominant alleles at the second locus: allele A codes for a high
degree of avoidance, while atlele 2 codes for lower avoidance. Ten genotypes are
possible. To impose a price on avoidance, Castillo-Chavez et al. (1989) allow the
fimesses (w) to depend on whether the individual is found in a chemically treated (T} or
untreated (UT) environment. Define the probabilities that a particular individual will be
found in a given environment as:

Prob(individual AA isin T) = X,
(7) Prob(individual aa isin T) = Y,
Prooindividual Aa isin T) = (X+¥Y)2.

The Rr genotype's fimess in a particular environment is defined to be the arithmetic
mean of the cormresponding (identical at the complementary locus) homozygous genotypes
.in the same environment. The overall expected fitness for any genotype is the arithmetic
mean of its expected fitnesses, Wt and Wyrt, respectively in toxic and nontoxic
environments, weighted by the probabilities specified by (7) (the overall fimesses are
summarized in Table 1, from Castillo-Chavez et al. 1989).

Introduce the notation W(RRAA) = ®%. W(RRaa) = P, W(rAA) = ¥, Wiran) = 8, for
the fitnesses of the double homozygotes, and let x1(f), x2(0), xa3(t), and xa(t) denote
the frequencies of the chromosomal rypes RA, Ra, rA., and ra, respectively. Then
the frequencies of these chromosomal types in successive generations are related by the
iterative scheme (Felsenstein 1963):

W, Wi
(8) X, = ——x+ekD——, | = 12,34,
Powxy ot ! w(x)

where e, = ¢4 = -e3 = -e3 = -1. The prime denotes the succeeding generation, D
denotes the linkage disequilibrium coefficient, k the recombination fraction between the
two loci and wg = (0+B+7+8)/4 the double heterozygote fimess. w; is the mean fitness
associated with allele x;, and W is the mean fimess in the population.

The most general outcome of this scheme is fixation for a single gametic type. For
example, if in the presence of a toxin the type (ra) that can make no response is the least
fit (5 <a.P.y). then the plant species will evolve either a physiological or behavioral
response, and may evolve both if the doubie homozygote possessing both (resistance and
avoidance) is the most fit double homozygote (@ > f,y). On the other hand, if in
contrast, « < [,y, then a bistable situation may result in which either resistance or
avoidance can evolve, depending on initial gene frequencies. In this case, which implies a
burden to having both features when one will do, the most fit double homozygote will not
necessarily prevail. The initial conditions, the recombination rate, and the values of «
and ¥ can influence recombination. The complexity of the situation is illustrated in
Figure 1 (from Castillo-Chavez et al. 1989).
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Figure 1. Stability regions for various equilibria.
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The problem of joint selection for behavioral and physiological traits is exemplary of
more general problems concemed with multiple genetic responses to single selective
factors (e.g., Cohan 1984). Probiems such as this frustrate the application of simple
optimization approaches, because interest must be on the diversity of environments that
might be confronted. Nonetheless, there are situations in which the objections to the
adaptationist programme are more fundamental because of the importance of nonlinear
feedbacks through frequency dependence and coevolution. We begin (o treat these in the

next section.

3. Dispersal

Among the central problems in ecology are the statistical description of movement and the
understanding of population distributions in terms of individual behavior. Questions
regarding issues as diverse as the evolution of life history traits or the spread of genetically
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engineered organisms are crucially tied to our understanding of the dispersal patterns of
plants and animals. One of the most fascinating challenges in evolutionary ecology is to
determine the role that the spatial and temporal structure of the environment plays in the
dispersal of individuals. These questions were raised years ago by Skellam {1951) and
Hutchinson (1951). The evolutionary aspects of dispersal have received much less
attention because of the complexities introduced by frequency dependence (Levin 1987).

In 1977, Hamilton and May asked: What are the advantages of dispersal for annual
plants living in a renewable and stable environment? [f there is a cost to dispersal, and if
the habitat is uniformly good (or bad), then why disperse at all? The use of naive
optimization arguments in such situations would dictate against dispersal, since there is
cost without apparent gain. [f, however, we consider the frequency dependence that is
implicit when different genotypes are in competition, then the answer is quite different.
Dispersers outcompete nondispersers. Furthermore, by applying the concept of
evolutionarily stable strategies, Hamilton and May found that the best possible strategy
within their model is to disperse with a probability equal to the reciprocat of 1 plus the
. probability of loss during dispersal. Hence, even if 90% of the dispersers are lost before
reaching an appropriate site, the evolutionarily stable strategy (ESS) sl is to disperse
52.6% of the seeds.

The Hamilton and May approach is clegant in its clear and simple demonstration of the
basic need to consider frequency dependence. To examine the evolution of dispersal,
however, one must consider a more general class of environments and strategies. Indeed,
dispersal is just one possible evolutionary response to local unpredictability (broadly
understood) and takes its place in a specirum that includes dispersai, dormancy, diapause.
iteroparity, and vegetative spread. In what follows we focus on two particular strategies:
dispersal and dormancy.

Intuitively, dispersal and dormancy can be thought of as alternative strategies for
individuals that have to deal with the spatial and temporal variability of the environment,
In the previous section, we discussed an analogous problem: in the face of a toxic
environment, two alternative strategies are physiological resistance and behavioral
avoidance. [t was seen that there are tradeoffs among these. Hence, similarly, one
expects that the avolved level of one factor (dispersal or resistance) is a function of the
other (dormancy or avoidance).

To gain understanding of the differences and similarities between dormancy and
dispersal, and with the objective of determining the conditions needed for a strategy 1o
dominate. Levin et al. (1984) developed a simple model of population growth in varying
environments. In what follows, the effects of the spatial and temporal structure of the
environment, as well as the relative cost of both strategies, are discussed in the context of
the Levin, Cohen, Hastings model. Details can be found in Cohen and Levin (1987).

A seed population of annual plants in a patchy environment is considered. For patch
j, the basic growth equation before germination, for the seed population, is gtven by:

. . . L .
9 s', = sievaDr1Gv + 4293 vs,.

i=l




136 LEVIN, CASTILLO-CHAVEZ

We assume that an equation of this type applies for each genotype (= phenotype). In the
above equation, G denoles the constant annual germination fraction and D denotes the
constant dispersal fraction of seeds. Oniy the parameters G and D are genotype
dependent; all others are assumed to be the same for all genotypes (although the approach
could be extended to examinaticn of the evolution of those parameters as well). A denotes
the fraction of dispersing seeds that are successful at reaching a safe habitat, and V
denotes the survival of those nongerminating seeds that remain dormant. Since the seeds
are dispersed uniformly over all L patches, we take the summation over L. Y denotes a
density-dependent yield function that is assumed to have the form Y(Z) = KAZ+b),
where Z denotes the total density of all competing types in a given patch, and K is a
random variable that denotes the total seed yield of the paich. For more general growth
functions, see Levin et al. (1984). K is assumed to be independently distributed among
patches; however, within a given patch, K has several possibilities: it may vary
independently among years, or it may show a positive or a negative temporal correilation.
D* [G*] , the evolutionarily stable strategy for dispersal [germination], is defined by the
condition that its genotype, once established, cannot be invaded by any rare mutant playing
a different strategy. In what follows, the details of the genetic system are ignored and
alternative strategies are assumed o involve competing asexual clones.

Numerical simulations show that D* is an increasing function of the germinadon
fraction, G, if the latter is held fixed, and is a decreasing function of V (the survival of
nongerminating seeds). On the other hand, Ellner (1985) shows that in the absence of
dispersal, G* is given implicitly by

1/V = Expectation(Sy/S¢41) .

and the numerical simulations seem to agree with Ellner's result as D* approaches zaro.

In the more general case, simulations indicate that G* is an increasing function of
dispersal (D), and of the effectiveness of dispersal (A). Furthermore, A and D seem
to affect optimal germination mostly through the factor F = AD/(1-D), which represents
the seed's effective dispersal fro~tion, and G* approaches zero as V approaches unity.

When dispersal and dormancy both are subject to selection, the optimal strategy is
obtained as the intersection of the curves D*(G} and G*(D). In the absence of temporal
correlatton in environmental varniation, this optimum appears to be a stable equilibrium. If,
however, the environment is cyclical, then this intemal equilibrium is unstable and there
are two competing boundary equilibriz. Simulations show that coexistence among these
boundary equilibria is possibie, but that more generally one of the strategies outcompetes
the other. More specifically, the conclusions of the numerical simulations as reported in
Cohen and Levin (1987) are:

(1) The optimal dispersal decreases as the level of dormancy H = (1-G)V increases.

(2) The optimal dormancy level decreases as the level of dispersal F = AD/(1-D)
increases.

(3) The ratio between dispersal and dormancy int the joint optimal strategy is affected
by the ratio between the effectiveness of dispersal A and the survival of domant seeds
V. Therefore, the distribution of dispersal and dormancy among plant families or species
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from the same environment should be negatively correlated, This agrees with observations
(Ellner and Shmida, unpublished, Venable and Lawlor 1980).

(4) In environments that vary periodically, there is no single joint optimal strategy
with intermediate levels of dispersal and dormancy. Cohen and Levin (1987) used
simulations to investigate stability and found thar the only stabile equilibria were at the
boundaries G* =1 or D* = 0. It was found, however, that two such boundary
strategies could coexist in a stable frequency dependent equilibrium, which would be the
eventual evolutionary equilibrium reached among many competing mutants with a wide
range of dispersal and dormancy levels. For further details see Cohen and Levin (1987).
Further investigations, to be published (Cohen and Levin, submitted), have focused on the
influences of temporal and spatial correlation pattems and environmental variability.

From the above summary we can see that the tradeoffs between dispersal and
dormancy are somewhat analogous to the tradeoffs between resistance and behaviar
previously discussed, It is rare to find populations that select both strategies, since this
will add the burden of having both features when one will do.

The most important conclusion of these investigations is the essential nature of the
concept of ESS when frequency dependence is involved. We cannot compare one strategy
against another unless we put them in competition, and attempts to approach such
problems from the view point of optimization theory generally give incorrect answers.

RANDOM WALK MODELS OF DISPERSAL

Having made the evolutionary case for the existence of dispersal — to escape local
environmental deterioration, to reduce sib competition, to average the negative
consequences of unpredictability, and to explore new habitats — we make a detour o ask
about the observed patterns of dispersal. How far and how rapidly do organisms
disperse?

The classical models of movement (e.g., Skellam 1951, Okubo 1980) are based on
random walk models. Random walk models are derived from the assumption that
individuals move in a series of discrete steps, the direction of each step being determined
by probabilities totally specified by positional information (but see Kareiva and Shigesada
{1983) for a discussion of correlated walks). The application of such models o
populations of organisms (or moiecules) does not require that the basic assumptions be
valid for the actual movements of individuals, but rather that other details of how the
individual moves be irrelevant to the pattems of spread of populations.

The simplest one-dimensional random walk model can be motivated by the following
experiment (see Okubo 1980, Levin 1986). Assume that an organism is located at the
origin of the real line; that at discrete times kt, it jumps either forward (right) or
backward (left) A units; and that cither event has probability 1/2. If m and n are
integers, then the probability that at time nt the organism is at position mA afer its latest
jump is given by the general term of the Bemoulli distribution:
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(10) Prob ‘= (%Jn Fiﬁ_m_JT

2 2

As n increases, this converges to the Gaussian distribution given by

(11) Cem/2

where L

(12) Cz\/%.

fwelet x = Aim and ¢t = T, then the Gaussian distribution is given by

2
- (13 Cexpl - X2, 22
4t A
This tends to
(14) pix,t} = Cex;{— —i] where C = ——du
4Dt 2/ 7Dt

provided that A and t shrink to zero in a way that the limit

(15)

exists. D is known as the diffusion coefficient. For generalizations to higher dimensions
see Okubo (1980} or Lin and Segel (1974). As Okubo (1980) points out, the diffusion
approximaton is valid only on scales that involve a great many individual steps.

Observe that the population i$ normally distributed for t> 0, and has varance 2Dt,
which increases linearly with time; and that this distribution satisfies the diffusion or heat
equation . Note further that the diffusion equation more generally describes the spread of a
diffusing population with any distribution {that is, not just the normal distribution that
would result if all individuals began at the same point in space and time). Furthermore, it
can be shown that the variance V(!) has the general form:

V = Vo +2Dt;

(16)

that is, the variance increases linearly with time from its initial value Vg . )

Kareiva (1983), using data on the foraging movements of phytophagous insects,
estimated D from the siope of the regression of V on t. He used his estimate of D to
generate a series of probability distributions for the spread of insects, and to compare them
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with actual observations. Agreement was excellent in many cases, but in some instances
the habitat-dependent diffusion model,

2

§B= a . P
(17 r = 2 o)

provided a better fit. He concluded that the basic diffusion model was an excellent starting
point, but that modifications of this basic formalism are necessary (0 take into
consideration the substantial habitat variability that organisms often experience.

If growth and spread occur simultaneously, then the diffusion model gives way 10

2
dP _ aP
(18) E“ = D'a—xi- + F(P.x.0) ,

where F(P.x,0) denotes local population growth. If F(Px,) = rP(1-P), then we amive
at the simplest model introduced by Fisher (1937) to describe the rate of advance of
* advantageous alleles, given that selection is operating on two alleles at a single autosomal
locus. A more general, cubic, form is necessary when there is partial or complete
dominance, and can lead to fundamentally different results, P in this context denotes the
frequency of the advantageous allele. The correct approach to the population genetics
problem is to imbed this within a fuller treatment of genotype frequencies (see Aronson
and Weinberger 1975, Hoppensteadt 1975, Hadeler and Rothe 1975). However, the basic
insights that emerge from Fisher's model, at least regarding rates of spread, are essentially
the same (see Hadeler 1976).

Fisher's fundamental insight, based on such models, lies in his estimate of the
asymptotic speed of advance of a wave front. Fisher's conjecture — that an advancing
wave would relax asymptotically to a front with this characteristic speed — was formalized
by Kolmogorov et al. (1937), who considered the general equation

3P 3’p

(19) x D"a'—2+ f(P) |
X

where

(20) f0) = f{1)y = 0, £>0 on (0.1)
and

Qn ')y > £1(Py on [0,1].

By looking for traveling waves (non-negative solutions of the form)

(22) P = Hi{x-ct}, ¢>0,
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Kolmegorov et al. (1937) proved the existence of monotone wave solutions for all wave
speeds greater than or equal to the critical speed

(23 c* = 2/Df(0) .

There are no such solutions for ¢ < ¢*; furthemmore, if P is inidally given by a
Heaviside distribution, then the wave comesponding to ¢ = c* is attracting (see Hadeler
1976). For a complete mathematical treatment, the reader is referred to Bramson's (1983)
monograph and to Fife (1984).

Skellam (1951) applied models of this type to the study of species invading new
habitats, and Aronson and Weinberger (1975) have used systems of equatons of this type
in population genetics. Kendail (1965), Hadeler (1984), and other investigators have
extended them to the study of the spread of epidemics. Recent applicatons are provided
by Lubina and Levin (1988) and Andow et al. (1989). I[n many cases, the agreement
between theory and experiment is excellent; in others, the assumption that movement is the
result of numerous small steps clearly leads to the wrong answers, and more general
redistribution kemels are necessary (see for example Mollison 1977).

ADVECTION-DIFFUSION MODELS OF DISPERSAL

The consideration of population rates of spread is predicated on assumptions conceming
the movements of individuals. The spread of plant populations occurs via seeds and
pollen. We therefore conclude the section on dispersal with a brief presentation of an
advection-diffusion description for the wind dispersal of seeds and pollen (Okubo and
Levin 1989). The shape of the dispersal curve, that is, the curve relating the number of
dispersed seeds to distance from source, varies depending upon the speed of descent (the
"setling” velocity), the height of release, wind speed and turbulence, and specific
morphological adaptations for dispersal (Augspurger and Franson 1987). Typically, it
falls off with large distances; but because of the effects of wind, it achieves its apex at
some distance away from a point source. On the other hand, for a distributed source, we
have a different situation, as the peak usually occurs at or close to the boundary of the
source region.

To understand what factors control the forms of such dispersal curves, Okubo and
Levin (1989) consider diffusive and advective forces with regard to properties of the
propagules and height of release. As a first approximation, they do not take into account
the influence of the parent plant on microscale air movements (Niklas 1984), and do not
allow seeds to move once they strike the ground.

Dispersai curves with phenomenological derivations have been used widely; examples
include the inverse power law (Gregory 1968), and the negative exponential (Frampton et
al. 1942, Kiyosowa and Shiyomi 1972). These curves do not deal with transients, being
confined to the asymptotic distribution of seeds, spores, or pollen from point releases, or
the time-averaged solutions for continuous point sources. More importantly, they involve
curve-fitting, and do not allow predictions to be made based on physical parameters such
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as wind velocity, turbulence, seed weight or height of release. More details can be found
in Gregory and Read (1949) and Minogue (1986).
The inverse power law is given by

(24) y = as’?,

where s denotes the distance from source, y the probability distribution associated with
dispersal, and a and b are constants. It transforms to a straight line on a log-log plot,
making parameter estimation simpler; b is dimensionless, and hence it provides an
advantage when one is dealing with studies on different scales.

The log-linear (negative exponential) model has the shape

(25) y = aeds,

which transforms to linear on a semi-log plot. Note that for this model y remains finite as
s tends to zero. Each of these models has advantages (see Gregory 1968, McCartney and
Bainbridge 1984, Fitt and McCariney 1986). However (Okubo and Levin 1989), they do
not allow extrapolation from one solution to another based on independently measured
physical parameters, and provide no understanding of the underlying mechanisms.

GAUSSIAN PLUME MODELS

Gaussian plume models have been used primarily for the description of the dispersion of
air pollutants from smokestacks, but they also have been applied to spore dispersal (see for
example Gregory et al. 1961, Fitt and McCarmey 1986).

The Gaussian plume method (Csanady 1973; Hanna et al. 1982) uses Sutton's (1947)
steady-state solution for a special type of the diffusion equation. The assumptions are:
reflection at the surface of the earth, constant wind speed u in the x-direction at source
height, and a continuous point source at height H above the ground. In addition,
diffusion in the x direction is neglected relative to advection. Furthermore, it is assumed
that particles are deposited at the surface of the earth at horizontal position (x,y) at the rate

(26} D = S(xy.0)Vq,

where V4 is the deposition velocity (Chamberlain 1973).
Using the reflection boundary conditions, one obtains the solution

exp(-y*1202) (H-2)°
exp 20% .

27 S(x.y.z) = n(x) =
2ruc,0,
where n = n(x) is the effective source strength at distance x, and the standard
deviations o, oy are function of x. (See Pasquill and Smith 1983, p. 333.)
Dependence of n on x allows for losses due to deposition (Horst 1977). This model
assumes that we are dealing with very light particles, and hence it does not take gravity
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into consideration. For heavy particles, the rilted plume model is obtained by replacing the
effective height H of the plume by H-xWy/u, where W, is the sertling velocity of
seeds. This extends the plume model to the situation when particulates have a non-trivial
sealing velocity (see e.g. Csanady 1973).

Under simplifying assumptions (see Okubo and Levin 1989), it is found that the rage
of deposition at the ground is given by

(28) D = Sxy.0w,,

where W, = V4. From this, Okubo and Levin (1989) determine an expression for the
concentration of seeds at the ground level:

2 2

n(x)Ww y©  (H-W.xin

(29) D = Qxy) = —=——F exp) o+ ——20
Qx.y Pl 22 202

2xug, 0,

The crosswind-integrated deposition rate (CWID) is obtained by integrating across the
direction of the wind:

2
= nw ~(H-W xAI)
(30)  CWD = f Quuydy = Q) = —%s o
- Vil ug, 20}

Ignore the decay in n{x) [set nix) = constant], and set

(31) o7 = 2Ax4,

where A is the vertical diffusivity. This is motivated by the fact that, under pure
diffusion, variance increases ar the rate 2At, and by the fact that the time 0 reach position
X is xAv. The distribution is skewed: the maximum is less than or equal to the mean, and
is given by

(32) X = Ewﬂ [{I+(A/HWS)2]2-(AIHWS)] .

which agrees with the mean in the absence of vertical diffusivity (A = o,
Define

33 2AH = W* (vertical mixing velocity) ,

and rewrite (32) as

In @
(34) lH_Ws'
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where

1

(35) A o= (HWRWOHE + wenw, .

For small values of W*/W, (heavy seeds)

(36) A=l+WRW,=1,

and s0 xg ~ Hu/W,; whereas, for large values of W*2W; (light seeds),
(37 A=WHW,» 1,

and so xg; - HW/W*.

In Okubo and Levin (1989), the above model is extended 10 incorporate more precisely
the dynamics of advective and diffusive movements in both the horizontal and vertical
directions, and correct boundary conditions at the earth's surface. Horizontal advection is
determined by mean wind speeds, while the vertical advective force is gravitational. These
and other assumptions are made to determine the equations goveming the dispersal of
seeds or poller from an isolated plant or tree. The major change in the calculation of the
mode is that formula (35) is replaced by

(35a) L =1+ Wew, .

Actual dispersion relationships obtained with data in 15 studies are compared with model
predictions (Ckubo and Levin [989).

These models, borrowed from the ammospheric diffusion literature, allow establishment
of a framework for organizing data concerning the relationship of dispersion distances to
environmental and species-specific parameters, and to such other parameters as height of
release. This presents us with an improved situation because the conventional models are
phenomenological, and hence do not provide a basis for extrapolation from one
environment to another. Further details and a more ¢laborate discussion can be found in
Okubo and Levin (1589).

4. Tight and diffuse coevolution

As mentioned previously, the study of coevolutionary interactions is one of the central
problerus in evolutionary biology. In this section, following now conventional usage, we
make a clear distinction between tight coevolution, involving a few closely linked species,
and diffuse coevolution, in which the influences are spread over many species.

Many models of tight coevolutionary interactions fall within the framework of explicit
genetic models (e.g., Levin and Udovic 1977). This approach is useful when the bases
for inheritance are well understood, and when the number of loci involved is small.
However, for parasite-host systems, most such classical models ignore the central
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ecological and epidemiological interactions that are faced by intimately interacting species.
Incorporating the nature of these interactions into models is critical if we are to understand
phenomena such as the evolution of virulence and disease, because classical models do not
take account of the truly tight interdependence of the host and parasite.

The study of diffuse coevolutionary interactions, involving a multitude of species,
demands a different perspective and a different approach. To this end, we discuss some
preliminary work on the evoiution of chemical defenses.

TIGHT COEVOLUTION: MODELS OF HOST-PARASITE COEVOLUTION

One of the best examples of the successful applicadon of explicit genetic models for tight
coevolutionary interactions involves the gene-for-gene systems of cereal plants and flax
and their fungal pathogens (rusts). In these systems., specific genes for host resistance
may be attached to specific genes for parasite virulence; and hence there s strong selection
for specific characters (e.g., Feeny 1975, Janzen 1980).

The study of the cereal-rust interactions builds on the experimental work of Flor
(1955, 1956) and the theoretical work of Mode (1958, 1960, 1961). It is a common
characteristic of these models to omit the epidemiological details and formulate the
probability of association between parasiles and hosts in terms of a mass-action law. For a
review of the literature on cereal-rust interactions, see Levin (1983b).

To be more specific, we briefly describe the treatment of this probiem by Lewis
(1981a. 1981b). In Lewis (1981a), the host is assumed to be a diallelic diploid and the
pathogen, a diallelic haploid. Pathogen fitnesses, for each host-parasite association, are
described in the table below. The fitness w of the host in each pair is | minus the
pathogen fimess,

Pathogen Genotype

it is assumed that the frequencies of the particular associations are proportional to the
products of the corresponding associated types. If, in addition. x denotes the fixed
probability that a host is parasitized, then we arrive at the following model (due to Lewis):

_ pW AJ,h+(1-p)W Ax
T P W L HIpIW KLY W, HTp)W

(38) p'

for the host. Here
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1-x+ x{g(l-a)+(1-Q(1-9] = 1 - x{qa+(1-g)¥]

- x +x(q(1-B)+(1-(1-B) = 1-x(B]

1 - x + x{q(-P+(1-g)(l-e)] = 1 - x[qy+{1-q)cx]

and
Va

R TATENA

(40)

for the pathogen, in which
(41) = pPa + 2p(1-p)B + (1-p)?y.

and

(42) Vy = p¥y + 2p(1-p)B + (1-p)?ex.

Here, p and q are, respectively, the allelic frequencies of allele A in the host and allele
B in the pathogen in the present generation, while p’ and q' denote the frequencies of
A and B in the next generation.

From the symmetry of the system, it follows that is has an intermal polymorphic
equilibrium at p = q = 0.5. However, this equilibdum is stable if and only if

(43)

From the viewpoint of the host population, this condition is stronger than marginal
overdominance, which is always a necessary condition for the stability of polymorphic
equilibria in the absence of frequency dependence (see Levin and Udovic 1977). In
addition, oscillatory solutions have been found when P is increased above the threshold
specified above, in agreement with fluctuations observed in many simplified agricultural
systems.

it follows that when resistance is dominant and virulence recessive, as in many cereal-
rust systems, stable polymorphisms cannot be established through such models, since
marginal overdominance is impossible. How then is stability realized in host-parasite
systems? The most likely explanation is through explicit or implicit frequency
dependence, which stabilizes such interactions (see Gillespie 1975).

Frequency dependence of some form is inescapable when one is interesied in the
evolution of virulence. As Anderson and May (1982b) point out, most standard textbooks
take the dogmatic approach that parasite evolution is towards less and less virulent
pathogen strains, with commensalism the incvitable end point. The situation, however, is
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not this simple. As Levin (1983a) states: "Evolution in parasite populations represents an
interplay between conflicting factors: within an individual host, the race is 1o the swift and
evolution will favor those with the highest rate of reproduction, which is likely to mean
those with higher virulence. But the parasite population is a shifting mosaic of demes
associated with individual hosts, and the capacity for profligate growth may doom one's
host to a shorter life expectancy and reduce the contribution to tne larger (mega-)
population. Depending on the balance between these factors, some evolution towards
attenuation might be expecied among parasites, but this attenuation may be checked far
short of commensalism (Levin and Pimentel (981, Anderson and May 1982a,
Bremermann and Pickering 1982)."

The most famous example of loss of reduced virulence occurred in the (European)
rabbit-myxoma system in Australia. The myxoma virus was introduced to conuol the
rabbit population, which had denuded the landscape (Fenner and Ratcliffe 1965); hence,
loss of virulence may lead to loss of control. To examine this system, Levin (1983a, see
also Levin and Pimentel 1981) built upon classical epidemioclogical models to arrive at the
model:

(roS+r I+, 1 +r,1) - bS - E’alSI1 - BZSI2 +v. I +v, D

131.‘51I - (o E - v I e Wl - 72,[321[12

BZSIZ - (bro)l, - vl +w Lo - Ylﬁlllrz

(ylﬁlﬂrzﬁz)lllz - (wl+w2)l3 - (bﬂ-c)'.s)!3 .

Here, S denotes susceptible hosts; 1y, I denotes hosts infected with strain 1 and 2
respectively; and I3 denotes hosts infected with both strains. The parameters n
represent the birth rates; v;, w; represent the recovery rates; b and b + o represent the
death rates: [; denote the transmission raies; and y; denote the secondary infection rates.
Such a framework allows explicit consideration of evolutionarily stable strategies, while
recognizing the importance of the host-parasite interaction.

Possible outcomes of this model include: competitive exclusion of either viral type,
their stable coexistence. or unbounded behavior. A positive polymarphic equilibdum
satisfies the following conditions
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B, g Yy
(Yzﬁz‘wzQ) ﬁl

2

ﬁ,’ b+a2+v

worEy | &

YR Y
QLL, = __MZ_I L
1z W HW,+h4Y, 1z

Note that in order for I; and [; to be positive, we need that:

O+Yn,+V b+y, +v
L3 S S

B, Bl

(46)

and
T (47) Yaawq > YiPalwa+b+ys) .

The most important questions involve an explanation of which viral strains survive and
why, and of how the virus can be coupled with other control measures w lead to effective
controi of the virus. We note that the results of the above modelling exercise only scratch
the surface of the complicated questions regarding the evolution of virulence in the parasite
and of resistance in the host. For the myxoma-rabbit system, other factors have to be
considered: seasonality and multiple modes of transmission as well as the role played by
this pathogen in regulating the host population.

Dwyer et al, (submitted) emphasize the importance of directing attention to an analysis
of the myxoma-Oryctolagus interaction. The system is of fundamental theoretical and
applied importance. If myxomatosis evolves to the point that controi is lost, the rabbit
population again may become a serious pest. Because the underlying processes occur on a
variety of temporal and spatial scales, mathematical models are critical in dissecting the
complex system, and in identifying underiying mechanisms. Dwyer et al. (submitted)
develop a simulation model that incorporates many of the aspects left out by simple
models. Preliminary investigations seem to show that the spatial structure of the
population plays a very important role in the observed coexistence of intermediate types.

What can be said concerning the evolution of other viral diseases? Influenza, to be
discussed in the next paragraphs, provides one particularly interesting example, because
changes in a few surface antigens led to the proliferation of a variety of strains, and to the
potential for reappearance of strains previously lost. Thus, periodic or other recurrent
behavior is to be expected in influenza, and such behavior indeed is observed (see Liu and
Levin 1989, Hethcote and Levin 1989). For AIDS, that modem scourge, the hope that
might be raised by contempiation of the myxoma story is short-lived. By the standards of
myxoma, AIDS is already attenuated, in that infected individuals live a very long time.
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Thus, selection for reduced virulence is not a potent force at all, and the rapidly changing
AIDS virus is more likely to evolve in the direction of increased virulence,

In the influenza-man system, auention is focused on the potential for Cross-immunity
(a measure of reduced susceptibility to related strains of type A influenza) to facilitate
oscillations and coexistence of strains (Castillo-Chavez et al. 1988, 1989). Recent work
shows the existence of long-lasting cross-immunity between related strains (i.e.. varianis
of the same subtype) in human influenza (Couch and Kasel 1983). Cross-immunity
implies that the presence of one strain of the virus can reduce the pool of susceptible
individuals for co-circulating strains, introducing a form of exploitation competition
{Catillo-Chavez et al, 1988, 1989).

Castillo-Chavez et al. (1989) present models to elucidate the recently observed co-
circulation of related strains, by extending the classical epidemiologicai approaches to
allow for immunological interactions between strains (cross-immunity). For a
homogeneous population, they introduce the diagram

X = Y = Z
U ' I
Y2 Vi
U 4

Z; = Vi = W

In the above system, the population has been divided into 8§ classes: X (fraction
susceptible), Y; (fraction infected by strain i), Z; (fraction recovered from the other
strain), V; ({fraction infected by strain i after recovery from the other strain), and W
{recovered from both strains). Castillo-Chavez et al. (1988, 1989) assume that the
population is homogeneously mixing, and that the usual bilinear incidence function
describes transmission. They then formulate the following two-stain epidemiological
model:

(49) X'(1) = (B (Y, +V +B(Y,+V )-u]X +pu,
(50) Y0 = BYHVIX - (Y,

5H zli(t) = YiYi - [GJBJ(YJ"'VJ)*'H]Z! f

(52) V;([) = UiBi(Yi+vi)Zj - (Yg"‘l-l)vi ’
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(53, = NV, LY, uWw,

where
(54) t=7],]

In addition, B; denotes the transmission coefficient of strain i. o; denotes the
susceptibility facror (where j = 3 - i); thatis, &; is a measure of the relative
susceptibility of types Z; and X in terms of their acquisition of strain j. Usually, but
not always, o; is between O and 1. Furthermore, ¥; denotes the recovery rate form
strain i, and Y denotes the (constant) natural morality rate. Thus, the model is flexible
enough to cover the range of possibilites, from closely related strains to distinct subtypes.

Mathematical analysis and numerical simulations indicate that the above system cannot
produce sustained oscillations. However, slowly-damped and hence biologically
important oscillations are generated as a result of the cross-immunity.

When a heterogeneous host population is considered (age-structured population}, then
- the model above is replaced by:

ox(a) _dx(a.
s5)  PEDLIZLD L Ob@ed,mb@rs@xas |

dy,(a,0) . dy,(a.t)
da ot

li(tjb(a)x(a.t) -yrn@) =12

azi(a.t) dz.(a.t)
da * at

Yy @0 - ojlj(t)b(a)zi(a,t) -@zay,i = 1.2

dvi(at) av.(an
@ | a

oAbzt - (Yrw@v,@n . i = 1.2

awi{a,t) . dw(a,t)
oa ot

(Yl +Y2'u'(a))w(att) [

10 = B[ @y aoev@.ome

x(0,0) =p, O =0, z (0D =0, vyO.) =0, wOD =0,
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a0 = x@ . y @l = yy(a), z0) = Z5;(a)

(62) Vi(a.O) = vm(a), w0 = w,(a) .
Furthermore,
-1
-M(a)
63 = d h M(a) = .
(63) p “:e aJ where M(a) J:u(a)do:

Here =x(al), yi(a.t), zi(at) , vi{a,ny, and w(a,t} denote the densities of the individuals
in each class previously defined, and a is an independent variable that denotes the age of
an individual. b{a) represents the age-specific contact rate, A; denotes the instantaneous
force of infection, Bi denotes the transmission scaling factor, m(a) is the age-specific
mortality rate, and o; denotes the (constant) recovery rate. In this case Castillo-Chavez et
al. (1989} and Andreasen (1989) have suggested that sustained oscillations are possible,
due to the interaction between cross-immunity and age structure.

DIFFUSE COEVOLUTION

The problem of diffuse coevolution is probably ecologically more important than tight
coevolution, but is much less understood and rarely modeled. As Levin (1983b) remarks:
"...many problems of interest in the evolution of ecological communities are much more
diffuse, involving many species with varying degrees of relationship to one another.
Problems of this sort arise in the consideration of the chemical defenses of plants in
response to insects and other pests (Feeny 1982), for often these do not have the finely
tuned species-for-species relationship already discussed for the cereals and their rusts.
Similar problems occur in predator-prey systems, which are by nature less specific than
the host-parasite relationships; in competition theory; and regarding the evolution of the
ventebrate immune system”. In this section, we describe some early and tentative attempts
0 approach such problems.

In what follows we provide a very brief introduction to preliminary investigations by
Levin, Segel, and Adler {unpubl.}, who have begun o develop a framework within which
o examine the patterns of diffuse coevolution in plant-herbivore communities. They point
out that "the lack of evidence for the tight coevolution between pairs of species may
inappropriately direct attention away from the obvious coevolution of defensive chemicals
and mechanisms for detoxifying them.” Given the impracticability of a reductionistic
approach that includes the detailed genetics of every species, they focus on macroscopic
variables such as the number and frequency distribution of different kinds of chemicals,
and on other community-level descriptors. Assume that the plants possess toxins that, if
unneutralized, prevent herbivores from consuming them. First, consider an oversimplified
situation in which there is a poot of N chemical defenses such that each plant has exacuy
n. In addition, each herbivore is able to detoxify m of these toxins. Furthermore,
assume that the particular group of defensive chemicals or detoxifying agents is drawn at
random by the plant or the herbivore from the pook; it is further assumed that the plant
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repels or resists the herbivore if and onty if it has at least one defensive chemical that the
herbivore cannot counteract.

If L{m,) denotes the protability that a plant with n defensive chemicals will "lgse”
in an encounter with a herbivore capable of detoxifying m substances, then cleariy

(64) L(ma) = 0 if m<an.

Since, for m 2 n, L{m.n) denotes the probability that m elements chosen at random
from a set of N eclements lie within a particular subset of size n, then

_ m(m-1)...(m-n+1) - [ﬁ-_n_] [N] .
(65) L{m.n) = NN (Non 1) m-n / ml if m2n.

The above expressions allow caiculation of the probabilities of various resuits of an
individual encounter between a plant and 2 herbivore. Levin, Segel, and Adler (ms.)
investigate the implications of these assumptions in the development or evclution of a
community. The first question that they ask is: What will be the fate of a rare mutant or
migrant that appears in the community? In order to answer this question, one must assign
benefits and costs to the winners and losers during a given encounter. Furthermore, costs
have to be assigned for a given level of chemical defense or detoxifying ability.

The simplest assumptions are that the new migrant (or mutant) cannot interbreed with
the resident types, and that the number of encounters per unit time remains constant. More
specifically, the total cost per plant per unit time associated with herbivory is

(66) k L{m,n) + cn,

where the constant k is the product of the number of encounters per unit time and the cost
per loss. The constant ¢ gives the cost per unit time of keeping a single chemical defense.
From here we casily conclude that the invasion of an (m,n) community by a plant with
n+ 1 chemical defenses is possible provided that

(67) 8, = = < L(m.n) - L{mn+1).

c
k
If we replace the linear cost function cn by a function f(n) of n, then we obtain;

(68) % < Lim.n) - L(m.a+1) ,

where p(n) = f(n+1) - f(n) is the marginal cost of adding an additional defensive
chemical to the n that already are present.

The net gain associated with herbivory per herbivore per unit time is, in the simplest
case,

(69) ¢ Lim.n) - bm .




352 LEVIN, CASTILLO-CHAVEZ

An (m,) community can be invaded by a rare herbivore with m+1 detoxifying agenis if
and only if

(70) 8,

]
@ |o

< L{m+1i,n) - L{m,n) .

The linear cost function bm similarly can be generalized. Note that similar considerations .
show that inequalities (67) and (70) are also the conditions respectively that an (m.n+1)
community cannot be invaded by a type-n plant and an {(m+1,n) community cannot be
invaded by a type-m herbivore. From this, Levin, Segel, and Adler (ms), endeavor i -
build a tapestry of increasing realism, initially expanding their investigations ro the
situation in which a distribution of phenotypes (containing different numbers of chemicals)
exist within the community, and from there to consideration of the spectrum of available
chemicals, and the distribution of phenotypes in this aspect space. At this point, the
treatment makes contact with the earlier work of Levin and Segel (1984) on pattem
diversity in aspect space.

These investigations of diffuse coevolution are very preliminary. The objective - to
develop macroscopic descriptors at the community and ecosystem level — are essential to
the development of interfaces between population biology and ecosystem science.
Imaginative approaches to such problems represent one of the unmet challenges of
evolutionary theory.
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